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Abstract

Numerous polluted groundwater sites across the globe require an active remedia-
tion strategy to restore natural environmental conditions and local ecosystem. The
Engineered Nano-particles (ENPs) have emerged as an efficient reactive agent for
the in-situ degradation of groundwater contaminants. While the performance of
these ENPs has been highly promising on the laboratory scale, their application
in real field case conditions is still limited. The complex transport and retention
mechanisms of ENPs hinder the development of an efficient remediation strategy.
Therefore, a predictive tool for understanding the transport and retention behavior
of ENPs is highly required. The existing tools in the literature are dominated with
numerical simulators, which have limited flexibility and accuracy in the presence
of sparse datasets. This work uses a dynamic, weight-enabled Physics-Informed
Neural Network (dw-PINN) framework to model the nano-particle behavior within
an aquifer. The result from the forward model demonstrates the effective capability
of dw-PINN in accurately predicting the ENPs mobility. The model verification
step shows that the relative mean square error (MSE) of the predicted ENPs concen-
tration using dw-PINN converges to a minimum value of 1.3e−5. In the subsequent
step, the result from the inverse model estimates the governing parameters of ENPs
mobility with reasonable accuracy. The research demonstrates the tool’s capability
to provide predictive insights for developing an efficient groundwater remediation
strategy.

1 Introduction

The water scarcity is a rapidly growing concern with more than a billion of people deprived of safe
drinking water[1]. The widespread presence of contamination in aquifers poses a great threat to
the human health, environmental quality and socioeconomic development[2], [3]. Furthermore, the
groundwater quality is intricately linked to the climate change. On one hand, the persistence of
groundwater pollution can lead to the degradation of soil quality[4], forestry[5] and even coastal
ecosystem[6]; thus accelerating the climate change processes. Conversely, the climate change can
intensify the fresh water demands, and enhance sea water intrusion[7]. With the escalating industrial
activities in the past decades, implementation of groundwater remediation techniques has become
critical in controlling the water quality.

Several remediation techniques have been developed in the literature for the restoration of groundwater
resources[8]–[10]. In the recent years, injection of ENPs in a contaminated aquifer has proven to be
highly efficient in the groundwater remediation[11], [12]. While extensive research has been done
in developing and testing these ENPs at laboratory scale, their field scale injection for groundwater
remediation is still limited[10]. The limitation of ENPs application is attributed to its highly complex
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transport and retention behavior which is often difficult to predict. While several numerical and
data-driven tools have been proposed in the literature for predicting the behavior of ENPs, their
application is often challenged by data sparsity and heterogeneity in hydrogeological parameters[13].
A Physics-Informed Neural Network (PINN) can overcome these challenges by embedding the
knowledge of governing equations into the learning method of a neural network[14], [15]. However,
the application of PINNs in the subsurface flow and transport is still rare and have been only limited
to contaminant mobility[13], [15]. To our best of knowledge, this paper is the first to implement
Physics-Informed Neural Network for simulation of ENPs mobility in a saturated sand.

While there are several advantages of using PINN model, the gradient imbalance problem reduces
its accuracy[16], [17]. To overcome this problem, [13] proposed dynamic weight strategy for PINN
(dw-PINN) where PINN is modified by assigning dynamically updated weights for the balance of
loss function. The dynamic weight adaption has been highly effective in solving flow and transport
related equations and therefore in this research work, the model is developed with dw-PINN. With
this method, this research study aims to provide a robust predictive tool for bridging the gap between
laboratory testing of ENPs and its field implementation. In this regard, a two-fold objective of
this work is defined: a) development and verification of forward model simulating nano-particle’s
transport and retention in a 1-Dimensional column-filled sand. b) inverse modeling using dw-PINN
for estimating the hydrogeological properties and physiochemical properties of ENPs. Here, the
overall research goal is limited to demonstrating the tool’s capability in understanding ENPs mobility,
and its application in a real field case scenario is beyond the scope of this work. +

2 Methodology

The nano-particle’s fate in the aquifer is governed by transport due to groundwater flow and retention
due to particle-sand interaction. Equation (1) and (2) represent the modified Advection Dispersion
equation for the ENPs transport and retention in a 1D column-filled saturated sand representing
a small-scale aquifer[18]. Equation 3 represents the pulse of ENPs 1 kg × m−3 assigned at the
boundary c(0, t).The other boundary, c(1, t), is assigned with a Neumann boundary condition. The
initial concentration of ENPs, c(x, 0) is considered to be zero.
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Where θ is the porosity,De is molecular dispersivity (m2×s−1), ∝L is dispersivity (m), ka(s−1)and
kd (s−1) is the attachment and the detachment coefficient of ENPs respectively, c(kg ×m−3) and
s(kg ×m−3) are aqueous and retained concentration of ENPs respectively.

Two fully connected neural networks are considered to approximate the aqueous and retained
concentration of ENPs (Figure 1). Each of the network consists of 6 hidden layers each with 50
neurons. 3000 collocation points are used for enforcing boundary conditions whereas, with Lattice
hypercube Sampling, 15000 collocation points are selected for enforcing equation 1 and 2. Sigmoid
activation function is used for incorporating non-linearity in the neural network. The model is run for
20000 steps of gradient descent-ascent process using Adam optimizer[19].

The model is developed in two stages. In the first stage, a forward dw-PINN model is developed
and verified with a benchmark model. This benchmark model simulates ENPs injection in a column
filled sand with porosity of 0.2, dispersivity of 0.05 m, attachment rate of 0.001 s−1 and detachment
rate of 0.0001 s−1. For this simulation, a Finite Element Method (FEM) based software Comsol
Multiphsysics is used. In the second stage, an inverse dw-PINN model is developed to estimate
the hydrogeological parameters with the tracer simulation and physiochemical parameters of ENPs.
For the parameter estimation, dw-PINN model requires a training dataset which is generated using
Comsol.
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Figure 1: Flowchart of dw-PINN framework representing two Deep Neural Networks with time and
spatial points as input and concentration of aqueous and retained ENPs as output. The loss function
J consists of 6 Mean square error term MSEs corresponding to the boundary and governing PDE
equations. For each MSE, a weight term is assigned to balance the loss function.

3 Results and Discussion

3.1 Model verification

In the first stage, a forward model is generated with dw-PINN and compared with the results of
Comsol model. Figure 2 (a) and 2 (b) show a close agreement between the result of dw-PINN model
and Comsol simulation for breakthrough curve and retention profile respectively. The calculated
R2 value of the plots in figure 2 (a) and 2 (b) is 0.986 and 0.993 respectively. The breakthrough
curve in figure 2 (a) shows that the result of dw-PINN model is relatively more smooth in the region
where Comsol model has undergone overshooting and undershooting. Overall, result demonstrates
the effective capability of dw-PINN in predicting the mobility and retention of ENPs in saturated
sand.

Figure 2: Result comparison of dw-PINN and Comsol model; (a) breakthrough curve (b) retention
profile
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3.2 Figures

3.3 Inverse modeling

In the subsequent step, the inverse model is developed to estimate the hydrogeological and ENP’s
properties. Figure 3 (a) and 3 (b) shows the breakthrough curve for the tracer and ENPs simulated
using dw-PINN tool and its close fit with the training dataset generated using Comsol. The result
highlights model’s ability to accurately simulate the transport dynamics of the tracer and ENPs.

Figure 3: Result comparison of inverse dw-PINN model and the training dataset generated using
Comsol; (a) breakthrough curve for tracer (b) breakthrough curve for ENPs

The sand and ENPs properties estimated using dw-PINN model are listed in table 1. The table 1
shows a close match in the estimated value of the governing parameters with the real values on
which training dataset is generated. The error has been relatively higher for the estimated value of
dispersivity and detachment coefficient. This could be attributed to the non-uniform sensitivity of the
ENPs concentration with respect to governing parameters.

Table 1: The model estimation for the governing parameters is compared with their real values on
which the model is trained

Porosity Dispersivity
(m)

Attachment
coefficient (s−1)

Detatchment
coefficient (s−1)

Real values 0.2 0.005 0.0007 0.0001
Estimated values 0.201 0.0059 0.00071 0.00018

4 Conclusion

The research work intends to develop a robust modeling tool for providing relevant predictive insights
in the development of groundwater remediation plan. The result demonstrates An effective forward
and inverse dw-PINN based tool for studying the nano-particle’s transport and retention behavior in a
small-scale aquifer. The forward model has been verified using the results from Comsol Multiphysics
with the loss function converges to a minimum value of 1.3e−5. The inverse model based on the
same verified framework estimates the governing parameters for ENPs with a maximum accuracy of
98.6%. The tool can be instrumental in bridging the existing gap in the laboratory-scale study and
field-scale implementation. This dw-PINN tool can be used in a sequential manner for developing
an efficient groundwater remediation plan using ENPs. In the first step, the inverse model can be
used for estimation of governing parameters based on the experimental data of ENPs injection in a
small-scale aquifer. In the second step, a forward model could be developed based on the estimated
parameters to provide prediction insights relevant for groundwater remediation.
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